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On the Class of Paranormal Operators
by

Takayuki FuruTA and Zird TaKEDA

Abstract: — We discuss a class of non-normal operators. A bounded
linear operator T on a Hilbert space H is called paranormal if || T% || >
|| Tx (]2 for every unit vector x» in H. Then the class of such operators
includes hyponormal operators and is included in the class of normaloid
operators. We show these inclusion relations are proper and hence para-
normal operators constitute a new class broader than hyponormal opera-
tors and narrower than normaloid operators. As well known every hypon-
ormal operator is convexoid. In §2 we discuss the inclusion relation
between classes of paranormal operators and convexoid operators by
several examples. The last section is devoted to a fundamental inequality
for paranormal operators and its applications.
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